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Abstract. In this paper, we mainly study simultaneous wireless information
and power transfer (SWIPT) for the multiuser resource allocation. All subcar-
riers are divided into two parts, part of which are for information decoding and
another part are for energy harvesting. We optimize the subcarrier allocation and
power allocation to maximize the energy that collected by all users under the
target rate constraint. The original optimal problem is complicated, so it is hard
to find the optimal solution directly. By transforming the primal problem, we
finally solved the original problem by using the Lagrange dual method.
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1 Introduction

Simultaneous Wireless Information and Power Transfer (SWIPT) is a new type of
wireless communication that can transmit information and harvest energy simultane-
ously. More and more people are devoted to study this field [1–6]. Through this
technology, it is expected to realize the power supply and control of equipment in harsh
working environment. In addition, it has broad application prospects in the field of
biomedicine. The traditional research is mainly for one user. There are a lot of literature
on SWIPT in the aspect of single user performance analysis. [7] proposed two trans-
mission protocols, namely power splitting (PS) protocol and the transmission mode
adaptation (TMA) protocol. The authors studied amplify-and-forward (AF) and
decode-and-forward (DF) protocol in [8, 9]. Different from the traditional single-user
research, we studied the multiuser OFDM systems. There are also some scholars
studying multiuser systems, a subcarrier separation (SS) strategy in multiuser OFDM
systems was proposed in [10]. In [10], the authors put forward an optimization algo-
rithm that maximizes the total transmission rate. Unlike [10], in this article, we provide
a new optimization algorithm that maximizes the energy received by all users. The sum
energy optimization problem is a complex multivariable problem. Although the
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original problem is non-convex, after conversion, the original problem can be sim-
plified. Then, we use the Lagrange dual method to get the optimal solution.

The rest of paper is organized as follows. In Sect. 2, we introduce the system model
and provide optimization problem that maximizes the harvested energy. Section 3
solves this problem by the Lagrange dual method. The simulation results are presented
and discussed in Sect. 4. Finally, we summarized this article in Sect. 5.

2 System Model and Problem Formulation

We consider a multiuser OFDM system, in this system, there are N subcarriers and K
users. The set of subcarriers is represented as S = {1…N}, and all users are denoted as
K = {1…K}, as shown in Fig. 1.

All subcarriers are divided into two parts, some subcarriers are used to harvest
energy (denoted by SPk for user k), while the others are used to decode information at
the same time (denoted by SIk for user k). The channel power gain on each subcarrier is
assumed to be constant (expressed as hk;n for user k over subcarrier n), let pk;n denote
power allocated on user k over subcarrier n. And each subcarrier is only allowed for
one user to transmit information. We specify that each user has the minimum required
target rate (denoted by Rk for user k), and Bk represent the minimum required energy
for user k, if less than this minimum energy, it does not reach its sensitivity and does
not receive it. The sum power constraint of the whole system is expressed as P. So the
transmission rate rk;n achieved by user k on subcarrier n can be written as

X
n2SIk

logð1þ hk;npk;n
r2

Þ ð1Þ

where r2 is denoted as noise power and the energy Qk;n harvested by user k on
subcarrier n can be expressed as
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Fig. 1. System model
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X
n2sPk

ðehk;npk;n þ r2Þ ð2Þ

Our target is to maximize the sum harvested energy, this optimization problem can
be given as

P1 : max
pk;n;SPk

PK
k¼1

P
n2sPk

ðehk;npk;n þ r2Þ

s:t:
P
n2sIk

logð1þ hk;npk;n
r2 Þ�Rk; 8k ¼ 1; 2; . . .:K

P
n2sPk

ðehk;npk;n þ r2Þ�Bk; 8k ¼ 1; 2; . . .:K

PK
k¼1

P
n2N

pk;n ¼ P

SIk1 \ SIk2 ¼ £; 8k1; k2 ¼ 1; 2; . . .:K; k1 6¼ k2
SIk \ SPk ¼ £
SIk [ SPk ¼ N

ð3Þ

where e denote energy harvesting efficiency, in this article, we make it equal to 1 for the
sake of convenience.

3 Optimal Solution

Solving (3) is a difficult task because it is an optimization problem with multiple
variables. Our original idea was to get the optimal solution for each variable by the
exhaustive method. Then, by comparing the energy in all cases, the optimal solution is
selected and the optimal solution is determined. However, in practice this enumerative
method is too complex. So we choose to solve the problem (3) with the following
method.

In order to solve (3), first given SIk and SPk , we only focus on the power for
information decoding and energy harvesting (pk;nðn 2 SIkÞ; pk;nðn 2 SPk Þ). So the (3) can
be simplified as

P2 : max
pk;n;SPk

PK
k¼1

P
n2sPk

ðehk;npk;n þ r2Þ

s:t:
P
n2sIk

logð1þ hk;npk;n
r2 Þ�Rk; 8k ¼ 1; 2; . . .:K

P
n2sPk

ðehk;npk;n þ r2Þ�Bk; 8k ¼ 1; 2; . . .:K

PK
k¼1

P
n2N

pk;n ¼ P

ð4Þ
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If the “timesharing” condition [11] can be satisfied, the duality gap of the non-
convex optimization problem is zero. So we can use the dual method to solve (4). The
Lagrange equation of P2 can be expressed as

Lðp; bÞ ¼ PK
k¼1

P
n2SPk

ðehk;npk;n þ r2Þ

þ PK
k¼1

b1;k½
P
n2SIk

logð1þ hk;npk;n
r2 Þ � Rk�

þ PK
k¼1

b2;k½ð
P
n2SPk

ðehk;npk;n þ r2ÞÞ � Bk�

þ b3½P� PK
k¼1

P
n2N

pk;n�; k ¼ 1; 2; � � �K

ð5Þ

where b ¼ fb1;k; b2;k; b3g; 8k ¼ 1; 2; 3; � � �K, b1;k � 0, b2;k � 0, b3 � 0 are Lagrange
multipliers that are determined by the sub-gradient method below.

3.1 Dual Variables Optimizing

The dual function of the optimization problem in (5) can be expressed as

gðbÞ ¼ max
p;b

Lðp; bÞ ð6Þ

and the dual optimization problem is

min
b

gðbÞ
s:t:b �¼ 0

ð7Þ

According to [12], we can get sub-gradient easily given as

Db1;k ¼
X
n2SIk

logð1þ hk;npk;n
r2

Þ � Rk ð8Þ

Db2;k ¼
X
n2SPk

ðehk;npk;n þ r2Þ � Bk ð9Þ

Db3 ¼ P�
XK
k¼1

X
n2N

pk;n ð10Þ

Denote Db ¼ ðDb11;Db12; � � �Db1;K ;Db21;Db22; � � �Db2;K ;Db3Þ. The dual vari-

ables are updated as bðtþ 1Þ ¼ bðtÞ þ dðtÞDb, where dðtÞ denote step size. Using the step
size following the diminishing step size policy in [12], the optimal dual variable b� can
be converged by this sub-gradient method.
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3.2 Optimizing Primal Variables with Given Dual Variables

Next we will divide into two steps to find the optimal power allocation and the optimal
subcarrier sets.

(1) Deriving the optimal power for fixed subcarrier sets:

Take the derivatives of Lðp; bÞ with pk;nðn 2 SIkÞ, pk;nðn 2 SPk Þ, respectively, so we
can obtain

@L
@pk;n

¼ b1;khk;n
r2 þ hk;npk;n

� b3; ðn 2 SIkÞ ð11Þ

@L
@pk;n

¼ ðehk;n þ eb2;khk;nÞ � b3; ðn 2 SPk Þ ð12Þ

According to Karush-Kuhn-Tucker (KKT) conditions [13], let (11), (12) be equal to
zero, so we can obtain optimal pk;nðn 2 SIkÞ, pk;nðn 2 SPk Þ, respectively.

p�k;n ¼ ðb1;k
b3

� r2

hk;n
Þþ ; ðn 2 SIkÞ ð13Þ

p�k;n ¼
pmax; ðehk;n þ eb2;khk;nÞ[ b3
pmin; otherwise

�
; ðn 2 SPk Þ ð14Þ

where pmax and pmin represent the peak and lowest power constraints, and
½x�þ ,maxf0; xg.
(2) Deriving the optimal Subcarrier sets:

Substituting the optimal pk;nðn 2 SIkÞ, pk;nðn 2 SIkÞ into (5), so (5) can be rewritten
as (15) and (16)

Lðp; bÞ ¼ PK
k¼1

P
n2SPk

½ðehk;np�k;n þ r2Þþ b2;kðehk;np�k;n þ r2Þ

�b1;k logð1þ
hk;np�k;n
r2 Þ� þ PK

k¼1

P
n2N

½b1;k logð1þ
hk;np�k;n
r2 Þ�

�PK
k¼1

P
n2N

b3p
�
k;n þ b3P� PK

k¼1
ðb1;kRk þ b2;kBkÞ;

k ¼ 1; 2; � � �K

ð15Þ

Lðp; bÞ ¼ PK
k¼1

P
n2SPk

Fk þ
PK
k¼1

P
n2N

½b1;k logð1þ
hk;np�k;n
r2 Þ�

� PK
k¼1

P
n2N

b3p
�
k;n þ b3P� PK

k¼1
ðb1;kRk þ b2;kBkÞ;

k ¼ 1; 2; � � �K

ð16Þ
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where

Fk ¼ ðehk;np�k;n þ r2Þþ b2;kðehk;np�k;n þ r2Þ
�b1;k logð1þ

hk;np�k;n
r2 Þ ð17Þ

so the optimal subcarrier set SP�k can be obtained to maximize Fk , i.e.

SP�k ¼ argmax
X
n2SPk

Fk ð18Þ

and the optimal SI�k can be derived as

SI�k ¼ N � SP�k ð19Þ

In this way, we obtain the optimal power allocation and the optimal subcarrier sets,
and the above algorithm can be described as the following Algorithm 1.

4 Simulation Results

In the simulation, we use Rice fading channel, the number of subcarriers set to 32,
energy conversion efficiency e set to 1. Minimum required target rate of each user is set
to uniform simplicity, Similarly, the minimum required energy is also set to the same.

Figure 2 compares the performance of our proposed algorithm with an algorithm
shown as follows.

Algorithm 1: Each subcarrier is assigned the same power for information decoding
and energy harvesting.

It can be seen from Fig. 2 that our proposed algorithm is superior to Algorithm 1.
And we note that as the target rate increases, the amount of sum harvested energy
decreases. This is because when the sum power (P = 0.5 W) and the minimum required
energy (Bk = 0.2 mW) remain unchanged, as the target rate increases, the power used
to decode the information increases, so the power used to harvest energy decreases.
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Figure 3 presents that as the total transmission power increases, the sum energy
also increases. The reason is that when the target rate and the minimum required energy
remain unchanged (Bk = 0.2 mW), as the total power increases, the power used to
decode information remains unchanged, so more power are used to harvest energy.

Fig. 2. The target rate versus sum harvested energy

Fig. 3. Sum harvested energy versus sum power
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Also, the value of a curve in Fig. 3 is 0, indicated that the sum harvested energy is 0,
this is because the sum transmit power is too small, the total energy collected by each
user is lower than the minimum required energy.

From Fig. 4 we can see that when the minimum required energy increases, the sum
harvested energy decreases.

5 Conclusion

In this article, we propose an algorithm that maximizes the sum harvested energy with a
minimum harvested energy constraint and a minimum target rate constraint. The initial
optimization problem cannot get the optimal solution directly, by transforming the
original problem, we use Lagrange dual method to get the optimal power allocation and
the optimal subcarrier sets.
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